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Abstract

The contribution presents shortly simulation of mass spectrum. This was necessary
for debugging and testing of the mathematical algorithms for the processing of data
from mass spectroscopy

1 Introduction

Mass spectra represent very valuable information source which can be used at solving
research and diagnostics problems in biology and experimental medicine. Many studies deal
(for example [1], [2], [3], [4]) with the problem of statistic evaluation of mass spectra for the
purposes of biology research. Long line of works uses these statistical procedures to the
evaluation of mass spectra within the scope of biology research.

Mass spectrum can be described as a dependence of relative ion percentage intensity
on its effective mass. Relative ion percentage intensity is the intensity of ion related to the
intensity of maximum ion in a given spectrum. It is denoted in literature by the character
1[%] . Effective mass is the ratio of ion mass and its charge m/z[1]. This ratio is characteris-
tic for every particle. Mass spectrum can serve to perform an exact identification of a given
particle under the condition of sufficient resolution of instrument and its precise calibration.

2 Data
Mass spectrometry generates (primary) data: single shots of mass spectral values
y(x,) for every x, value, t=1,...,T, of abscise vector, i.e. for x =(x,,...,x;), where T is

the number of abscises (or measured places), T =10°.
The data structure of an mass spectrum can be mathematically written in the form:

no "
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The less brief notation, that could be also used, is y, = y(x,), where ¢=1,...,T. The
spectrum yp(x) is normalized so that the maximum of the highest ,peak” gets the value
Viax (¥) =100% . The value of independent variable x moves approximately within the inter-

val (0;1.2:10°) =(/;u) . The real 1-shot mass spectrum is displayed on the fig. 1.
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Figure 1: mass spectrum (Voyager - DE STR, Voyager instrument control panel version
5.1, Data explorer version 4.5).

3 Mathematical simulation of mass spectrum
Let us suppose that the random sample is an experimental representation of a certain
random quantity Y (x) which represents considered spectrum. Argument x gathers only the

known values xe€ {x,,...,x,}. The random quantity Y(x) can be expressed in the form

Yx)=y(x)+e(x), xe{x,....x;}, 2)

where e(x) consists of residual error after the processing of rough spectra, of random distur-

bances which represent e.g. biological variability, and of laboratory error of experiments e.g.
in molecular biology etc. y(x) is the exact value.

3.1 One peak simulation
A peak is defined by its coordinates x and y of peak maximum, i.e. by the numbers x,
and y,, and by the ratio of height and width of peak R at half its height.

The modified functional dependence of normal distribution probability density function
in the form

C(-p)?
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can be used for peak simulation. To achieve the correct shape of the peak whose right side
“tail” is always visibly higher then the left side “tail”, the peak is modeled with the help of
normal distribution probability function so that the left side peak is expressed by the equation
(3), and for the right side the equation (3) is modified so that ¢ is multiplied by the empirical
coefficient ¢ . Hence the left peak side:
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right peak side:

_(x-u)’

fR(X)=§?R€ W, xe (uu). (&)

Further it has to hold that the ration of peak height and width in its half height is constant:
Yol(zg—2,)=R, (6)

where z, <z, are related peak x-coordinates in the half of its height. Thus, it applies
Si(x=2z)= fr(x=2z,)=y,/2, whereas y; = [} .. (X)) = frmax (%0) -

3.1.1 Derivation of computational formulas for z, and z,

It can be easily derived from the relation (3) (or (4) and (5)) that the coordinate x of
peak maximum is identical to the position parameter ( : x, = &, thus

fi(x)=y=K, /0o a fR('xo):yO:KR/(;O-)' @)

E.g. for the left peak side it is valid
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After arrangement of (9) we receive the quadratic equation
z;—=2uz, + > —20°In2=0, (10)

and after its solving the result has form z, =z,(0)=u - oIn4 . Analogously, for the right
peak side z, =z,({o) = 1+ o/In4 , where ¢ is the coefficient which enables to modify the
shape of the right peak ,.tail“, { =5.

Explicit relations for the calculation of constants K, or K, can be then expressed by

the help of relations (7) (providing ¢ is known, see below): K, =y, 0 and K, =y, { o.

3.1.2 The calculation of o parameter

To calculate parameter o it is necessary to solve transcendental equation (e.g. by the
method regula falsi)
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for the unknown variable o . The value of z, (o) and z,({o) can be calculated by means of
relations from the last section. The iteration process is to be repeated so long until the value
o, does not change in two successive iterations with an accuracy of required number of sig-
nificant figures d :

| O-r — O-rfl

<Ly, (12)
o, 2

where r is the order number of the final iteration. The solution should always find itself in
the interval o©,€{(0,;0,), where o,=10" and o,=10", for x,=ue{lu),
¥, € (1%;100%) and R =10°.

It is necessary to solve by means of regula falsi the modified transcendental equation with
regard to big order difference between o, and o,:

Yo
, ——R=0 13
2, (107808 — 7 (107) (13)

for unknown o/ =log,, o, and correspondent bounds o, =—13 and o, =2.
The result of these calculations is demonstrated in the picture 2.
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Figure 2: One peak simulation

3.2 Spectrum simulation
Ideal (un-noised by random disturbances) dependence of m-peaks simulated spectrum
can be written in the explicit relation

y(x)= Z:n S x5 90 01015 K, 5Ky 5,6) s (14)

where f(.) are functions of particular peaks from § 3.1. X -coordinates of maximums x, ,,

j=1,...,m, of all peaks, i.e. of proteins (and their fragments), are in all »n shots of spectra



identical. They are as though natural constants. Their values are generated with the help of
generators of random number of rectangular distribution in the interval of all measured range

of x spectra coordinates, i.e. in the interval (0 ;1.2-10°)=(/;u). The heights of all peaks
Yo.j» J=L...,m are generated with the help of generator of random number of rectangular
distribution in the interval (1%;100%) .

The heights of all peaks y, ,j=1,...,m , represent in the framework of one n-shots mass
spectrum as though constants. But at simulation of data (represented by more n-shots mass
spectra) these heights of all peaks y, , j=1,...,m , are similarly random quantities noised by

random disturbances which represent e.g. biological variability, laboratory error of experi-
ments e.g. in molecular biology etc.

Ideal spectrum calculated according the described steps in various scales is demon-
strated in the pictures 2 and 3.
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Figure 3: Ideal spectrum simulation in the selected interval

ldoal spectrum in the whale intoral

a0
U
U
10
L L |

(5]
mass e 10%

Irtsty

Figure 4: Ideal spectrum simulation in the whole interval

4 Conclusion

The purpose of our future work is to design the new methodology of mathematical-
statistical and fuzzy-logical identification and decision making in the domain of protein bio-
markers from mass spectra. The described simulation of mass spectrum is necessary for de-
bugging and testing of the mathematical algorithms for the processing of data from mass
spectroscopy. For these purposes the Matlab environment is very proper tool.
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